(1.1) Let zZn-i an be a given infinite series, and {X"} an increasing sequence of positive numbers, tending to infinity with n. We write A«(a>) = A (a,) = E an, ( 1.2) The classical second theorem of consistency due to Hardy and Riesz [3] is to the effect that if ^an is summable (R, X, k) and XB = c"", then it is also summable (R, u, k) to the same sum. Later Hardy [2] generalized this theorem and proved: Theorem A. // the series ^a" is summable (R, X, k) and n is a logarithmico-exponential function (briefly an L-function) of X, tending to infinity with X, such that ju = 0(Xa), where A is some constant, then /.s, is summable (R, u, k).
(1.
2) The classical second theorem of consistency due to Hardy and Riesz [3] is to the effect that if ^an is summable (R, X, k) and XB = c"", then it is also summable (R, u, k) to the same sum. Later Hardy [2] generalized this theorem and proved: Theorem A. // the series ^a" is summable (R, X, k) and n is a logarithmico-exponential function (briefly an L-function) of X, tending to infinity with X, such that ju = 0(Xa), where A is some constant, then /.s, is summable (R, u, k).
Finally Hirst [4] removed the limitation on u of being an L-function, replacing ju by a more general function <p(t), and proved: Theorem B. // ^an is summable (R, X, k), then it is summable (R, p, k) to the same sum, where p = ip(\), and tj>(t) is a function which increases steadily to infinity with I and is a (k + l)th indefinite integral for t>0, such that
The following theorem on strong Riesz summability factors was proved by Borwein and Shawyer [l] .
The object of this paper is to establish a more general summability factor theorem for strong Riesz summability, which includes as a particular case Theorem C.
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(2.1) In the following we take functions ip(t) and ip(t) to be denned in (0, oo) and to be as many times differentiable as required.
In addition let 4>(t) be nonnegative, monotone increasing, and tending to infinity with t.
We establish the following theorem.
Theorem. Let k be a positive integer, and d>(t) and ip(t) be (k + l)th indefinite integrals for t>0. If there is a positive, nondecreasing function y(t) such that 2) The following lemmas will be required in the proof of our theorem.
Lemma 1 [3] . If k is a positive integer, then A (t) = (1 /kl)(d/dt)kAk(t). Lemma 2 [S] . // ^an is summable [R, X, k, m] for m}£l, then it is summable (R, X, k).
License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use Lemma 3 [8] . If n is a positive integer and m^O, then the nth derivative of {f(x)}m is a sum of the constant multiples of a finite number of terms of the form {/«K9II{/(p,(*)K p=i where l^q^n and the a's are nonnegative integers such that n n 2_, ap = q and 2-< Pap = n- 1 1 //m is a positive integer, then 1 ^q ^ min(ra, n).
3. Proof of the theorem. We may suppose without loss of generality that the sum of the given series is zero. This completes the proof of the theorem.
In the special case when \p(t) = l, y(t)=t, m = l, we have the the "second theorem of consistency for strong summability" due to Srivastava
[6]. When <f>(t)=e', \p(t)=t~k, y(t) = l, w = l, we have the following strong Riesz summability analogue of a theorem due to Tatchell [7] .
